The function plays certain important roles in the theory of sums of independent random variables.
We consider a sequence of independent random variables (1.2) X 19 X 2 , ..-and let F n (x) be the distribution function of X n .
We form the typical function Φ Fl *> *F n (ϊι) of i.e., (1. 3) ^1*..-w n (A) -Γ -^-πr J -oo x~ + hT his is not necessarily non-decreasing with increasing n, but converges to 0 as n -> co for every h > 0.
The aim of the present paper is to discuss the behavior of](1.3) for large n. We assume throughout that (1.4) ^Γt^O, i = 1, 2, ....
Let
(1.5) Λ (s) -(V^ΛFU*), / -1, 2, o be the Laplace transform of F t (x) and set (1.6) ^»(s) = Π/ t (s). This lemma is an essential part in proving the renewal theorem I have got and we shall consider the consequence of it concerning the typical function (1.3) , and discuss about the behavior of (1.3) with h = h(n) (h(n) -> oo ) as n-* oo. 
The differentiability of Σ^n(s) is easily verified, for the series (2.5) of Lemma 3 (ii) is uniformly convergent in every finite interval not containing the origin.
The series s^]φ n (s) is bounded for small 5, and it follows, putting sY^M for small 5, that (3.7) does not exceed which is, with (3.4), the required conclusion.
4. In this section we shall prove the theorem.
THEOREM 2. Let N(h) be any integral valued function such that (4.1) W^L.+ oo (A -+00).
Then under the conditions of Theorem 1, we have where 6 is any positive number and 8, A are those of Lemma 5. We take B such that (2.2) holds, q being a positive number less than p, and A such that A^ > B. Further we take n Q such that 
that is, it holds that for n > n Q , uniformly with respect to h (4.6) i/ 8 |<θ.
For this £, we take n ίf such that C(A -δ)0 w < θ, where β and θ are those in Lemma 4. Lemma 4 shows show the validity of Theorem 2. 
If n(h) is an integral valued function such that n(h)/h-^Q, (n(h)
-
